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1. Accelerated Atwood machine.

Two blocks of masses m; and m, (m; < m,) are stacked

on top of each other on the surface of a frictionless table = | [M2 Fp
. g —

(see diagram). The blocks’ centers of mass are

connected by a string, which is wrapped around a

my

pulley. The mass of the pulley and string are negligible.
The system starts at rest, then a force Fp is applied horizontally to the pulley.

a) Assume there is no friction between the blocks or in the pulley. Determine the forces acting
on the system and each object (Block 1, Block 2, pulley) separately. Draw free body
diagrams.

Answer inside the box
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b) What are the accelerations, a,and a,, of the blocks?

As s]sl-m Fgd slv-ws [ 3" (oo Looowas
Blodk A T-= W\‘&‘ ?‘ubt -qT = y(‘ae
B\u(k &. T = M 0“;

1 g |','P = T
= F n - F A

= 21 = 2 Nk o, >a
-b 0, = QJV\\ &, 1"\1L © &\ p}

3/12



PHYS-101 (English), January 21, 2022

1. Accelerated Atwood machine.
c) Now, assume there is a coefficient of friction between the blocks, u (same for static and
kinetic cases). Re-draw the free body diagrams for each block. What are the accelerations
of each block, for “low” (a;;, a,;) and “high” (a,y, a,y) values of Fp?
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d) Sketch the configuration of the system (blocks and pulley) in the limit of long times, in each
case described in (c) (“low” and "high”).
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1. Accelerated Atwood machine.
e) What is the critical value of the force, Fp, which separates the two kinds of motion described
in parts (c) and (d)?

A Be P ﬁ. decruss, LY 6ad o, doull bawne
9&‘&. 0& Jt\m. ?m\\ whan \"h\l e Wo \ena,r 3\1“\\4:6

] = :‘—"‘1_ g\}km‘:_‘kr- ‘::“\‘-r g})\mim\%

—J F: (ml-w\) = &}LN\.J% (m‘-me
= ¢ (om 4.

(w\‘- m)

= Yy

5/12




{ 5 { ! 1 ! i ! i | | | [} | | | |
4 || | -] [ | [ | ; . | | aﬂlMl || [ ] | [ | [ ] 1 .|, |
T L[ , IS | ] " 0 3 N N T T S ||
1] ] “ e o L HEN L1 [ 1| M..m___ | O | | I&l | &1 |
Il | [ &L 111 | || [ ol | || f;m_mqg:
AR EEEEE _ 1 .,Mrr ,_ _ [ ] _ i 3 | [ | [ ] ] T _,bu_ ! | | 4 A
O O T [T T al BT EEE Ll 1ol legel 1 L1LLELL
e i , & | L& f | Y AN | T ‘| | P ] | (1] ;
LW.JI‘ | | HEECERN BT EEEEEREE | [ JV] _ ;
= HEERE: IR RNl B [ | I 1 m k _ ] || k _ * | [
. —_— e ——t L. S ‘“ ! 3 ' 1
| P | | | _ | _ ; i ,l,l_l fl.l_.l (I N
SRS, . 1. O EEEEENNEEL 1 AR R
a7 _ 1 . | T

_‘_z__i

N Fel |

%;ﬂ

_i*

ia =|

con :l.’ﬁ\‘—? ;D_!"' I i
L
i

,)A
HENn

lo

ol e

—‘Th
ek
PO (tc |

\a
W

L] o< [ \.vq == ] i i i P [ g ,

|I° |..|,.Il.lr—‘l'l 9 G | | 8 =L _ . —y _ —
] -_-oxl_,,_l,o\‘h..m.—l,llg AW | 4 I S |

> o 1= , €l g1 B _ i [ i =l ) , |
—1t !.:I.lMJu”.lUW..L,leﬁli\v | . ; Tl EEE 5 ] T
(| T T T M I S
] [ =AW NN ST L] B | =
ku.maN_..P_._f__; | + < | L N |
|l | | | i ﬁ %

jP_ "
i
|
-‘Iq’c}n
he |

_. _
L .v_l‘. | | | _ﬁ \ ! ¥ = .l.ﬂl”-_ g
BRI _xi.ﬂ,]w _ ¥ | w1 | o = |
M‘ < [nv.’,lwdr | .? | | | _..K” ~ | H——_ll.l\..h-... | # |
a9 w | 95 | el | ] | , uv LTl _*4 I |
\&Mm .pfw_@. LT = Tellel | _mm Il
TS il Toc [ ST TSI TTTT11& el L)l o | 1 1 |
HE3 WAE IR AN -ANN I,?h|.||_ F\{~ —d 1 |
-mkwuml.wu, RIEN T REEE 4 A KIE Ta | [T [E |
- - il ¢ g ed I | _\h_ _ * » T f “ .
A\H -3 1\4 \_ A I~ i | | h‘ n_l ‘] Mq
X 7 IR (Y P
HEEEGES | L1 1) | 21 | [ @-wm AR F
ERENARTEE N el [ 1] || ~lg »—_m ] [ | IE
E I u/ vl S d Nl | | JE ¢ L2
: | _ i * AT
§

J’—Um _*lgé ;‘u; 'Y'id" *-'.ﬂ'

3

F-

"o =

:

S
Lo
b S 1)
G

-
o

-

-
.

e

COC e TV | N i
T < O T I I -3 ] . T
| [ ] | | | [ , | ,




PHYS-101 (English), January 21, 2022

2. Funnel fun.

A point-like object of mass m slides on the inside of a frictionless,
symmetrical cone, whose symmetry axis is vertical (parallel to gravity).

The vertex half-angle is 8, as shown. Take the point of the cone as the
origin of the coordinate system, 0.

gy

a) Determine the forces acting on the object. Draw a free body diagram.
Answer inside the box
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Write the differential equations of motion of the object in spherical coordinates, without
solving them. Take into account all constraints.
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2. Funnel fun.
c) Suppose the object is placed at height H, and given an initial angular velocity of magnitude
wy, that is in a horizontal plane and tangent to the surface of the cone. Find an expression
for wgy such that the object will move in a horizontal, circular orbit.
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d) What is the relationship between the kinetic energy K and the potential energy U in the
scenario described in (c)?
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e) Sketch the potential energy function U(}Q where*&ls the hesmeatal distance from the z-w&'\
and indicating the kinetic and potential energies for the scenario described in (c). Note any
stable or unstable equilibria and turning points.
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3. Tabletop rocket.

A rocket has mass my, including fuel of mass m/2. It starts
at rest on a horizontal surface, whose coefficient of friction
is u (same for static and kinetic cases). At time t = 0, the fuel
is ignited. Assume combusted fuel is ejected horizontally
toward the left at a constant rate y =|dm/dt| with a

PHYS-101 (English), January 21, 2022

Q,
-—

constant velocity u relative to the rocket. Thus, the thrust force from the fuel burning is Fp = yii .

(You will not need to derive the “rocket equation.”)

a) Draw momentum diagrams representing time t and time t + At in the ground reference

frame.
Answer inside the box
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b) Draw a free body diagram. What is the condition on y for the rocket to start moving? In the
case that it does not start moving at time t = 0, at what time will it start?
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3. Tabletop rocket.

In the following parts (c-e), assume the condition in (b) is met at t = 0.
c) Determine the velocity as a function of time, v(t) as a function of the given variables. What
will be the maximum speed v,,,4, reached by the rocket?
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. Tabletop rocket.
d) What is the distance d traveled by the rocket after all of the fuel is burned? Express your

answer in terms of the given variables and v, 4.
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e) Sketch the position as a function of time of the rocket from time t = 0 until it is at rest. Be
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sure to note any important features.
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4. Swinging saucer.

A solid, uniform thin disk of mass m and radius R hangs vertically. The disk is
attached to pivot about the point P, which is a distance b from the disk’s
center, 0. All motion takes place in the plane of the disk. Neglect friction.

a) Determine the forces acting on the disk (draw a free body diagram). : _}
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b) The disk is rotated so that a line through P and 0 makes an angle 6, relative to gravity, and
then released. Write an expression for the initial torque, 7, relative to point P.
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c) Calculate from general principles the moment of inertia, Ip, of the disk about the pivot point.
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4. Swinging saucer.

d) Write the differential equation of motion of the disk in terms of the given variables.
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e) Assuming the initial angle 6 is small, what is the period w, of the disk’s oscillation? Show

that your answer makes sense in the appropriate limit, when compared with a pendulum
composed of a point mass suspended from a string.
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