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Notation© TP L/K is Galois/ We write
Gl (LK) = Aut, (L)
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Lemmoa. A field edtension L/K is Galois

i£F iFis o union of finte Galos extensions

50, we wont to wmsider all finite Galois

subexlensions In Some sense.
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@ Given an ‘inverse s(cjs'('cm as in @) an
inverse imit is on oJeJr A (in C>
plus morphisms TT; 0 A — A, soffispafns
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FACT Tn +4he coleqorqy of grouss inverse limils
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Dcpinﬂ'\bn Groufs which aye inverse hn:n'l's
of -pin'\er arou.Ps are Called. j)ro-pini‘i'c.
One wn ]:rove.-lkor‘ evc\ra Frop\'n'f\'c: %rouf is %\c Go.\ois

growy of Some Gl | extension.
FACT TIf we have on inverse Syster in
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Exomple A
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Gonsider L= Fi Fz F3 o
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/l‘)rovasd'\bvx, TP L/K is o Galeis exlension )
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(ProPoéf\\bn Let L/K be o Golois extension .
(\) If Ke Fe L is an ih"e,rmcd\'o.‘\'e. Qie\d)

Fren Gal(L/F) is clsed in Gal (L/K),
ond. LGoJ(L/F) = F

('l\') T—V H 5 G\al (L/F) i~5 Qa Su.‘oarouﬁ ‘HM'JV\
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also closed.

The fundamental +heorem

Let LK be Galas vith Galais group G - The
maps Hio Y F = Gl (L/F)

define



frver se Laded;ons between. —
%C\OSCCL sd:@roups HeG | & {infermediate K<Fel
Morcover,
(1) dhe corresp. is order reversing
(D) HEG closed i5 open 2 (LH:K] <=
in which case (L":K]=(G:H]
(i) oHo" & oF
(iv) HEG clused is normal < L7 /K is
Galois, in which case Gal (LWK) = G/H
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@ Nel oll Su\oarouf)s of Gal (L/KB are
closed .

(Kru”) An(xj infinite Golois exfension includes
Non- closed. sujogroufas.
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Open + vormal = Linite index

bd 3 normal of finde jndex wihich are not open
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